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Abstract: In recent years, the search for more efficient and environmentally friendly materials to be
employed in the next generation of thin film solar cell devices has seen a shift towards hybrid halide
perovskites and chalcogenide materials crystallising in the kesterite crystal structure. Prime examples
for the latter are Cu2ZnSnS4, Cu2ZnSnSe4, and their solid solution Cu2ZnSn(SxSe1−x)4, where
actual devices already demonstrated power conversion efficiencies of about 13 %. However, in their
naturally occurring kesterite crystal structure, the so-called Cu-Zn disorder plays an important role
and impacts the structural, electronic, and optical properties. To understand the influence of Cu-Zn
disorder, we perform first-principles calculations based on density functional theory combined with
special quasirandom structures to accurately model the cation disorder. Since the electronic band gaps
and derived optical properties are severely underestimated by (semi)local exchange and correlation
functionals, supplementary hybrid functional calculations have been performed. Concerning the
latter, we additionally employ a recently devised technique to speed up structural relaxations for
hybrid functional calculations. Our calculations show that the Cu-Zn disorder leads to a slight
increase in the unit cell volume compared to the conventional kesterite structure showing full cation
order, and that the band gap gets reduced by about 0.2 eV, which is in very good agreement with
earlier experimental and theoretical findings. Our detailed results on structural, electronic, and optical
properties will be discussed with respect to available experimental data, and will provide further
insights into the atomistic origin of the disorder-induced band gap lowering in these promising
kesterite type materials.

Keywords: Cu2ZnSnSe4; CZTSe; chalcogenide; kesterite; Cu-Zn disorder; density functional theory;
hybrid functional; special quasirandom structure

1. Introduction

The ongoing quest to identify more efficient and environmentally friendly materials to
be employed in solar cell devices has shifted the focus in recent years towards quaternary
chalcogenides and hybrid halide perovskites. While hybrid halide perovskites face stability
issues due to their admixed organic molecules, chalcogenide materials exhibit intrinsic
structural properties, which have prevented their large-scale application in solar cell devices
so far.

Concerning the latter, Cu2ZnSnS4 (CZTS) and Cu2ZnSnSe4 (CZTSe) are prominent
examples, and with band gaps of about 1.0 eV (CZTSe) [1,2] and 1.53 eV . . . 1.67 eV
(CZTS) [3], their solid solution Cu2ZnSn(SxSe1−x)4 (CZTSSe) includes the optimal band
gap region of about 1.34 eV for single junction solar cell devices according to the Shockley-
Queisser limit [4]. Ultimately, actual devices based on CZTSSe already demonstrated power
conversion efficiencies of about 13% [5]. However, there are limitations to the actual device
performances, originating from several intrinsic structural properties, e.g., a large defect
concentration of Cu-Zn antisite defects [6] and CuZn-ZnCu defect complexes due to Cu-Zn
disorder [7]. Ultimately, these defects and Cu-Zn disorder lead to a large deficit in the
open-circuit voltage Voc [8].

Appl. Sci. 2022, 12, 2576. https://doi.org/10.3390/app12052576 https://www.mdpi.com/journal/applsci

https://doi.org/10.3390/app12052576
https://creativecommons.org/
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/
https://www.mdpi.com/journal/applsci
https://www.mdpi.com
https://orcid.org/0000-0003-4708-2456
https://doi.org/10.3390/app12052576
https://www.mdpi.com/journal/applsci
https://www.mdpi.com/article/10.3390/app12052576?type=check_update&version=1


Appl. Sci. 2022, 12, 2576 2 of 10

The importance of the Cu-Zn disorder in kesterite materials and its implications on
the structural, electronic, and optical properties have led to increased research efforts into
their atomistic origins. Experimental techniques include solid-state NMR and Raman
spectroscopy [9], near-resonant Raman scattering [10], neutron diffraction [11,12], and
complementary neutron and anomalous X-ray diffraction [13,14], respectively. The ex-
perimental findings are supplemented by theoretical investigations, mostly employing a
combination of first-principles calculations based on density functional theory (DFT) and
Monte-Carlo calculations based on cluster expansion methods [15–18].

A recently devised technique to speed up hybrid functional calculations for materials
science investigations [19] provided the motivation for the current work, namely the re-
evaluation of Cu-Zn disorder in CZTSe employing first-principles calculations based on
DFT and special quasirandom structures to model the structural disorder.

The paper is organised as follows. Section 2 shortly presents the necessary theoretical
background, introduces the recently devised method to speed up hybrid functional calcu-
lations [19], and provides the necessary computational details. In Section 3 the results on
the structural (Sections 3.1 and 3.2), and electronic and optical (Section 3.3) properties are
presented and discussed alongside experimental data and other theoretical investigations.
Section 4 provides a short summary and outlook.

2. Theoretical Background
2.1. Kesterites and the Cu-Zn Disorder

CZTSe crystallises in the kesterite crystal structure (space group I4̄, no. 82), which can
be derived from a doubled zincblende crystal structure by two particular pairwise cation
substitutions [20]. For CZTSe, the cation planes perpendicular to the crystallographic c
axis of the conventional ordered kesterite crystal structure are shown in Figure 1a. Therein,
the cation positions of Cu, Zn, and Sn are highlighted and located at Wyckoff positions
(2a) (0,0,0) and (2c)

(
0, 1

2 , 1
4

)
, (2d)

(
0, 1

2 , 3
4

)
, and (2b)

(
0, 0, 1

2

)
, whereas the Se anions are

located at the general Wyckoff position (8 g) (x,y,z), respectively.

Figure 1. Cu, Zn, and Sn cation planes with z = 0.0, 0.25, 0.5 and 0.75 (bottom to top) in the
(a) ordered kesterite (space group I4̄, no. 82) and (b) disordered kesterite (space group I4̄2m, no.
121) crystal structures, respectively. The dashed lines in the disordered kesterite structure (b) denote
additional symmetry elements due to the total Cu-Zn disorder in the z = 0.25 and z = 0.75 planes.
Also given are the colour-coded Wyckoff positions for each of the structural polymorphs. The crystal
structure figures have been prepared using VESTA [21].

However, a further complication in CZTSe originates from the so-called Cu-Zn dis-
order, present in virtually all grown samples with its extent depending on the particular
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growth conditions. Originating from a small CuZn-ZnCu defect complex formation energy,
this leads to a mixing of Cu and Zn cations within the Cu-Zn planes, introduces additional
symmetry elements, as indicated by the dashed lines in Figure 1b, and increases the symme-
try of the disordered kesterite to space group I4̄2m (no. 121), respectively. Coincidentally, a
structurally similar chalcogenide polymorph, namely the stannite crystal structure [20,22],
crystallises in the same space group (I4̄2m). Together with the fact that Cu+ and Zn2+

cations are isoelectronic and therefore indistinguishable for standard X-ray diffraction, this
has hindered the identification of the correct ground state crystal structure of kesterite
materials in the past and required alternative experimental investigations, e.g., neutron
diffraction [11].

2.2. How to Speed Up Hybrid Functional Calculations

First-principles calculations based on DFT have become an indispensable tool for
contemporary computational materials science investigations. Recent advances in meth-
ods development and the wide-spread availability and efficient use of high-performance
computing facilities have paved the way towards predictive computational materials investi-
gations. The achievable accuracy of current investigations is mostly governed by the choice
of the exchange and correlation functional. While (semi)local functionals allow for very
fast calculations, they mostly fail to accurately determine band gaps and optical properties
of semiconducting materials. So-called hybrid functionals, where a particular fraction of
Hartree-Fock exact exchange is mixed into an underlying (semi)local functional, capture
the electronic and optical properties of semiconducting materials in much better agreement
with experimental results, however, this accuracy has to be paid for by an increase in
computational resources. While hybrid functional calculations have become standard for
the calculation of structural, electronic, and optical properties of bulk materials [22–29],
their widespread application for problems that require a large number of calculations has
been hindered by the computational demands.

One way to solve this particular problem relies on a two-step process: firstly, the
structural relaxations are performed using a computationally cheap (semi)local functional
to obtain the ground state structure, and secondly, only for this ground state structure,
perform a single-shot hybrid functional calculation to obtain more accurate electronic and
optical properties. One obvious flaw with this approach is that the hybrid functional
calculations are performed at geometries that are not the ground state for the applied
hybrid functional.

A recent investigation dealt with the performance and accuracy of different exchange
and correlation functionals for the structural, electronic, and optical properties of CZTSe
and Ag2ZnSnSe4 [22]. Focusing only on CZTSe as of interest for the present work, it has
been shown that the structural properties calculated by means of the SCAN functional [30]
provided the best agreement with experimental results, however, the electronic and optical
properties were severely underestimated. On the other hand, hybrid functional calculations
employing the HSE06 functional [31] showed only slightly less good agreement concerning
the structural properties, but improved massively for the electronic and optical properties
when compared to experimental results. The results for the electronic properties calculated
by a single-shot HSE06 calculation for the SCAN optimised ground state structure is slightly
less good compared to a full hybrid functional investigation, but still improved over a
SCAN functional investigation alone.

Here, we employ a recently devised method to speed up hybrid functional calcula-
tions [19]. All the structural relaxations are typically performed by relaxing the internal
coordinates of a given unit cell for different fixed unit cell volumes around the experimen-
tally known ground state volume. The resulting total energy curves can then be fitted by
an equation of state, e.g., Murnaghan’s [32,33],

E(V) = E(V0) +
B0V
B′0

[
(V0/V)B

′
0

B′0 − 1
+ 1

]
− V0B0

B′0 − 1
, (1)
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that besides the ground state volume V0 provides additional access to the bulk modulus
B0 and its pressure derivative B

′
0 for the materials under investigation. The internal

coordinates of the identified ground state volume undergo a final structural relaxation, and
provide the starting point for subsequent calculations, e.g., electronic band structures or
dielectric functions for the optical properties. These would also be the starting point for
single-shot hybrid functional calculations to obtain improved results on the electronic and
optical properties.

The newly devised method applied here tries to address the earlier mentioned flaw
that the hybrid functional calculations for the electronic and optical properties are not
performed for their respective ground state geometries. Instead of performing just one
single-shot hybrid functional calculation for the final ground state geometry, single-shot
hybrid functional calculations are performed at each of the different unit cell volumes
around the experimental ground state volume, thereby shifting the whole total energy
curve towards the results from a full hybrid functional structural relaxation. With a slight
increase in the number of single-shot hybrid functional calculations, we obtain results that
are comparable to full hybrid functional investigations, but save on up to two orders of
magnitude higher computing times otherwise required for full hybrid functional structural
relaxations. This offers to apply hybrid functional calculations to problems that, in terms of
computational demands, would have been prohibitively expensive so far.

The problem we address in the present work is the Cu-Zn disorder in CZTSe. In
order to model fractional occupancies in DFT calculations, one typically has to resort to
the application of supercells. However, the interesting problem of accurately modelling
A1−xBx alloys with first-principles methods led to an approach based on special quasirandom
structures [34]. This method basically analyses all possible populations over the alloy site,
and, with the additional application of crystalline symmetry, identifies only the relevant
symmetry inequivalent populations. Over the years, several program packages have been
developed for that purpose [35–37].

2.3. Other Computational Details

All the calculations of the present work have been performed using the Vienna Ab
Initio Simulation Package (VASP 5.4.4) [38–40] together with the projector-augmented wave
(PAW) formalism [41,42]. Standard PAW potential supplied by VASP have been employed,
contributing 17, 12, 14, and 6 valence electrons for the Cu, Zn, Sn, and Se atoms, respectively.

Based on the ground state structural properties, the electronic (band structures) and
optical properties (dielectric functions) have been calculated. For the latter, the number of
empty bands in the calculations have been increased by a factor of three, in order to allow for
a sufficient capture of the influence of higher lying energy bands on the optical properties.

Other numerical parameters include a 500 eV cutoff for the plane wave expansion,
convergence criteria of 10−6 eV and 10−3 Å−1 for the calculated total energies and forces on
the atoms, respectively, and a 6× 6× 6 Γ centred k-point grid for the conventional kesterite
unit cell, respectively, thus ensuring well-converged results for the structural, electronic,
and optical properties.

3. Results and Discussion
3.1. Bulk Structural Properties

As mentioned in Section 2.2, for the structural relaxations of CZTSe a two-step process
has been employed. The starting point is the conventional kesterite unit cell of CZTSe, and
for several unit cell volumes around the experimentally known ground state volume a
full structural relaxation of the internal coordinates has been performed, thereby keeping
the respective unit cell volumes fixed. In that way we obtain the total energy curves, i.e.,
the dependence of the calculated total energy on the various volumes, shown exemplary
as black dots (green triangles) for the SCAN (hybrid HSE06) exchange and correlation
functionals in Figure 2a.
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Figure 2. (a) Total energy curves for the kesterite crystal structure of Cu2ZnSnSe4 calculated by
means of the SCAN (black) and the hybrid HSE06 (green) exchange and correlation functionals.
In addition, the total energy curve obtained by the newly devised approach to speed up hybrid
functional calculations is shown (red). (b) Comparison of the obtained ground state volumes with
respect to experiment [2].

A further analysis of the total energy curves by means of Murnaghan’s equation
of state (Equation (1)) leads to the ground state volume V0, and a final relaxation of
the internal coordinates for V0 yields the lattice parameters for CZTSe, amounting to
a = 5.694 Å (a = 5.693 Å) and c = 11.351 Å (c = 11.422 Å) for calculations based on the
SCAN (hybrid HSE06) exchange and correlation functionals [22], in favourable agreement
with experimental values [2], reported as a = 5.693 Å and c = 11.347 Å, respectively. The
agreement with respect to the experimental unit cell volume is shown in Figure 2b, showing
very good agreement for the SCAN functional calculation, and an overestimation of up to
2% for the hybrid HSE06 exchange and correlation functional [22].

However, the main focus here is on the performance for the newly devised approach
to speed up structural relaxations employing hybrid functionals, and the agreement with
experimental results. As mentioned in Section 2.2, for each of the volumes of the SCAN
full structural relaxations (black dots in Figure 2a) a single-shot HSE06 calculation has
been performed based on the relaxed structural properties of the SCAN functional calcu-
lations. The corresponding total energy curve is shown by the red triangles in Figure 2a,
and is shifted towards the full hybrid HSE06 results, respectively. A further analysis by
Murnaghan’s equation of state (Equation (1)) reveals lattice constants of a = 5.726 Å and
c = 11.413 Å, in favourable agreement with the results obtained for full structural relax-
ations employing the hybrid HSE06 exchange and correlation functional. In other words,
employing the described two-step process of relaxing the structural properties using the
computationally much cheaper SCAN exchange and correlation functional, followed by
single-shot hybrid HSE06 calculations for each of the different unit cell volumes necessary
to sample the total energy curve, yields structural properties in favourable agreement with
full structural relaxations based on the hybrid HSE06 functional. This approach can now
be applied to problems where a full hybrid functional structural relaxation has not been
possible up to now, either due to the size of the unit cell or simply the number of necessary
structural relaxations.

3.2. Disordered Structural Properties

Based on the obtained ground state lattice constants of CZTSe, 2 × 1 × 1 supercells of
the conventional kesterite unit cell have been generated, each containing four formula units
(32 atoms). Within the Cu-Zn planes in these 2 × 1 × 1 supercells of the ordered kesterite
structure we now find four Cu and four Zn cations, occupying the (2c) and (2d) Wyckoff
positions (Figure 1a), or equivalently the (4d) Wyckoff position in the disordered kesterite
structure (Figure 1b), respectively. The special quasirandom structures have been generated
by the supercell program of Okhotnikov et al. [37], reducing the original (8

4) = 70 different
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possible cation arrangements within the Cu-Zn planes to just 10 symmetry inequivalent
cation distributions, shown exemplary in Figure 3.

Figure 3. 2 × 1 × 1 supercells depicting the 10 symmetry inequivalent cation distributions of Cu
(red) and Zn (green) over the (2c) and (2d) Wyckoff positions as generated by the supercell program
of Okhotnikov et al. [37]. The lowest supercell depicts the ordered kesterite crystal structure, and the
total energy differences ∆E are given in meV and per formula unit for CZTSe including the respective
degeneracy of the supercell in square brackets. Utilising the newly devised method to speed-up
hybrid functional calculations resulted in total energy curves, as shown in the middle figure, where
the grey lines correspond to the 10 symmetry inequivalent cation distributions, the dashed green line
is their weighted average, and the dashed red line shows the result from the ordered kesterite crystal
structure for comparison. The crystal structure figures have been prepared using VESTA [21].

The middle panel of Figure 3 shows the total energy curves for each of the 10 symmetry
inequivalent cation arrangements, calculated by means of the newly devised method to
speed up hybrid functional calculations as discussed in Section 2.2. The total energy curves
are normalised to one formula unit (f.u.), and the lowest total energy is set to zero energy,
respectively. Additionally, the dashed green line in the middle graph shows the weighted
average over the 10 different total energy curves, taking into account the degeneracy of
the symmetry inequivalent cation distributions, i.e., how often they appear in the total
number of 70 possible cation arrangements (also shown for each of the considered cation
arrangements in square brackets), while the dashed red line refers to the total energy of the
ground state crystal structure of the ordered kesterite, respectively.

Three conclusions can be drawn immediately from Figure 3: (1) there is a large
spread in total energies for the 10 symmetry inequivalent cation distributions, reaching
238 meV per f.u. between the lowest and highest energy solutions, thus making the
weighted averaging over all total energy curves a necessity to adequately model the
total energy curve for the disordered kesterite crystal structure; (2) the energy difference
between the total energies of the ordered (dashed red line) and the disordered (dashed
green line) kesterite crystal structure amounts to 109 meV, making the ordered kesterite
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crystal structure the thermodynamically stable crystal structure for zero temperature DFT
calculations, putting the origin of the disordered kesterite crystal structure at temperature
effects and growth conditions of experimentally investigated samples [10]; (3) there is a
slight increase in the unit cell volume of the disordered kesterite structure of about 0.2%
compared to the ordered kesterite crystal structure, in line with previous experimental [13]
and theoretical [43] results.

In depth analyses have been performed on the ground state crystal structures of the
ordered kesterite and the 10 symmetry inequivalent cation arrangements for the disordered
kesterite crystal structures. Averaging again the symmetry inequivalent cation arrange-
ments allowed us to compare the diffraction patterns and the results of a pair distribution
function analysis giving access to atom specific bond lengths. Employing VESTA [21] for
the diffraction patterns, the results are given in the upper panels of Figure 4, shown for
X-ray (a) and neutron (b) diffraction separately.

Figure 4. Diffraction patterns for the ground state crystal structures of the ordered (black) and
disordered (red) kesterite crystal structures, simulated using VESTA [21] and employing wavelengths
according to (a) X-ray and (b) neutron diffraction. (c) Distribution function analyses for selected bond
lengths, again for the ordered (black) and disordered (red) kesterite crystal structures, respectively.

Thereby, the resulting diffraction patterns of the ordered (disordered) kesterite crystal
structures are shown as black (red) lines, respectively. The results of the corresponding
bond lengths analyses, obtained by the R.I.N.G.S. code [44], are shown in Figure 4c for
the Cu-Cu, Zn-Zn, Cu-Se, and Zn-Se bond lengths. The shown bond distances for the
disordered kesterite (red lines) are broadened with respect to the ordered kesterite (black
lines), reflecting the slightly larger unit cell volume. In addition, especially the first nearest
neighbour cation-Se bonds show a reduction in intensity, highlighting the reduction of the
specific cation-Se pairs due to disorder.

3.3. Electronic and Optical Properties

Having analysed in detail the structural properties of the ordered and disordered
kesterite crystal structures, here we focus on the electronic and optical properties. Remem-
bering the weighted averages over the 10 symmetry inequivalent cation arrangements
to obtain the structural properties of the disordered kesterite crystal structure, the same
can be applied to the calculation of the density of states (DOSs) and optical properties.
Figure 5a shows the DOSs of the ordered (upper panel) and the disordered (lower panel)
kesterite crystal structures, thereby showing the total DOSs as shaded grey backgrounds,
and the partial DOSs belonging to Cu (4d), Sn (2b), and Se (8i) as red, black, and green solid
lines, respectively.
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Figure 5. (a) Density of states for the ordered (upper panel) and disordered (lower panel) kesterite
crystal structures, showing the total DOS as a shaded grey background, and the Cu (4d), Sn (2b),
and Se (8i) partial DOSs in red, black, and green, respectively. (b) Absorption coefficients for the
ordered (black) and disordered (red) kesterite crystal structures. In case of the disordered kesterite,
the contributions show the weighted averages of the 10 symmetry inequivalent cation arrangements.

From the DOSs in Figure 5a three main conclusions can be drawn: (1) the DOSs for
the disordered kesterites are smoother compared to the ordered kesterites, which can
be traced back to the averaging over 10 supercells with symmetry inequivalent cation
distributions and slightly different internal coordinates, but their overall values are quite
similar; (2) there is no change in the contributions of partial DOSs at the valence band
maximum and conduction band minimum, i.e., the orbital character of the DOSs at the
band edges does not change due to disorder effects; (3) the conduction band minimum of the
disordered kesterite is shifted towards smaller energies, resulting in a band gap lowering
of about 182 meV, which is in line with experimental and theoretical investigations.

Lastly, for each of the 10 symmetry inequivalent cation arrangements we also calcu-
lated the optical properties, i.e., the real and imaginary parts of the dielectric functions,
as described in some earlier works [25,26]. However, they have been used to calculate
the absorption coefficient α, which is depicted in Figure 5b for the ordered (black lines)
and disordered (red lines) kesterite crystal structures. It can be seen that similarly to the
structural properties and DOSs, there is a smoothening of the absorption coefficient for the
disordered kesterite due to the already mentioned averaging, and a clearly visible shift of
the onset in the absorption towards lower energies, indicating the already observed band
gap lowering due to the Cu-Zn disorder, respectively.

4. Summary and Outlook

In summary, we employed special quasirandom structures in combination with suitably
sized supercells to accurately model the Cu-Zn disorder in CZTSe, a promising material
for the next generation of thin-film solar cell devices. The results presented in this work
have been obtained by first-principles calculations based on DFT, utilising the SCAN and
hybrid HSE06 exchange and correlation functionals. In order to circumvent some flaws of
earlier investigations, we additionally employed a recently devised new method to speed
up structural relaxations based on hybrid functional calculations. In that way we were
able to investigate the necessary amount of symmetry inequivalent cation arrangements to
accurately model the Cu-Zn disorder in CZTSe. Our results show that the Cu-Zn disorder
is a temperature effect stemming from experimental growth conditions, and that the Cu-Zn
disorder leads to a slight increase in the unit cell volume compared to the conventional
kesterite structure showing full cation order. The band gap reduction of about 0.2 eV due to
the introduced disorder could be verified from the DOSs and the onsets in the absorption
coefficients, thereby confirming earlier experimental and theoretical results. Lastly, the
applied method of special quasirandom structures in combination with suitably chosen
supercell sizes has been shown to offer atomistic insights into Cu-Zn disorder in CZTSe,
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thereby supplementing the previously prevalent approaches based on a combination of
DFT and Monte-Carlo calculations based on cluster expansion methods. The significant
decrease in required computing times of the employed method would also allow for
feasible investigations of the whole solid solution series CZTSSe. The CZTSSe mixing
parameter could be adjusted in line with the Shockley Queisser limit and verified in future
experiments, thereby furthering our knowledge about kesterite-based solar cell materials.
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